is finite dimensional because the set E* is finite. Since the map j is surjective, the algebra W(d) is also a finite dimensional K-vector space. Its total dimension, Poincare polynomial, or algebra structure are not obvious at this point.
In the rest of this paper we determine these.
In Section 2 we define a polynomial algebra K[wJ based on d and a quotient algebra U(d). We also study some properties of U(d 
The algebraU(d)
We have the following direct sum decompositions:
Let 7Γj, %, 7Γ , and π be the respective projections. These maps commute pairwise. We use notation such as K. https://www.cambridge.org/core/terms. https://doi.org/10.1017/S0027763000004852
A circuit C = {H ί9 ... ,H k ) is a minimally dependent subset of hyperplanes: C is dependent, but C ~~ {H) is independent for all i. 
PROPOSITION 2.3. The ideal I(d) is generated by the following finite set:
(a) u
AO(d)
where τ is induced by the diagram. We show that τ is injective. It suffices to show 
Poin(WW), t) =Poin(C/W), t) = Poin(AOU), t) = Σ μ(J0(-t) τiX) .
Proof It suffices to show that dim PΓW) X = | //(X) |. It follows from It follows that multiplication by dx λ A Λ dx m induces an isomorphism
It was shown in [6] (see also [7, 3.129 The second part follows from Zaslavsky's theorem [8] . D
NBC bases

In this section we construct explicit K-bases for AO(d), U(d), and W(d).
These bases are in one-to-one correspondence with the set of NBCs (non-broken circuits). Proof. It follows from [2] , [4] , [5] 
